Ostrowski's quantitative form of Sylvester's law of inertia is derived directly from the Courant-Fischer theorem.
hi=fqi, o<p,deiGpn, i = 1,2 ,..., n.
(2)
Because p, > 0, the eigenvalues Xi and Ai have the same sign, which is Sylvester's classical result.
In this note we shorten the proof of [2] and deduce Ostrowski's theorem directly from the Courant-Fischer theorem. As we won't need Sylvester's law in the course of our argument, we obtain a new proof of Sylvester's inertia theorem.
The Courant-Fischer theorem, which provides a variational description of the eigenvalues of a hermitian matrix, is stated in the following lemma. 
